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QUESTION ONE

(a) Differentiate f(x) = (5x° — 2x +1)°.

You do not need to simplify your answer.

60
(b) The temperature of an oven is given by the formula C = T +541 +15,
given that 0 <7< 12, !

where C is the temperature of the oven, in °C, and ¢ is the time, in minutes, after the oven has
been switched off.

Find the rate of change of the temperature of the oven 4 minutes after the oven was switched off.

You must use calculus and show any derivatives that you need to find when solving this problem.

. . . T
(c) What is the gradient of the normal to the curve when y = sin’x cosx when x = R
You must use calculus and show any derivatives that you need to find when solving this problem.
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(d) The graph below shows the function f(x) = x>+ e** and the tangent to the curve when x = 1.

tangent

y=x2+e2x

Find the point P, the x-intercept of this tangent.

You must use calculus and show any derivatives that you need to find when solving this problem.
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(e) Acurve is defined by the pair of parametric equations:

x=3f+6¢t+1andy=2F

Find the coordinates of any points of inflection on this curve that are also stationary points.
You may assume that any inflection point(s) found are actually inflection points.

You must use calculus and show any derivatives that you need to find when solving this problem.
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QUESTION TWO
(a) Differentiate f(x) = % —In(3x® — 2x%2 + 5)

You do not need to simplify your answer.

(b) The depth of water, in metres, in a particular harbour, is given by the formula
P = (301 —5t%)e™,

where ¢ 1s measured in hours and 0 < ¢ <4.

Show whether the depth of the water in the harbour is increasing or decreasing after 2 hours.

You must use calculus and show any derivatives that you need to find when solving this problem.
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(¢) There are two tangents to the curve y = f(x) = xx that have the equation y = —3x +c.
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Find the coordinates of the two points of contact of these tangents with the curve y = f(x).

You must use calculus and show any derivatives that you need to find when solving this problem.
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(d) Find the equation of the tangent to the graph defined by the pair of equations:
x = 2sect and y = Stant, at the point on the graph where ¢ = %
You must use calculus and show any derivatives that you need to find when solving this problem.
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() The radius of curvature of a function is a measure of how much the curve is bending at a given

point.
3
Z\2
(1))

&le

The formula to calculate the radius of curvature is given by p = P

d.X2

<

. ) T
Find the radius of curvature for the curve y = cos?(2x) when x = 3

You must use calculus and show any derivatives that you need to find when solving this problem.
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QUESTION THREE

(a) The graph below shows the function y = f(x).

101
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For the function above:

(1)  Find the value(s) of x where f(x) is not differentiable.

(i1)) Find the value(s) of x where f”(x) = 0.

(i) What is the value of lim2 f(x)?
x> —

State clearly if the value does not exist.
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Inx

(b) A curve has equation y = o

Find the x-coordinate(s) of any stationary point(s) on the curve.

You must use calculus and show any derivatives that you need to find when solving this problem.

(c) A solid spherical lump of ice is melting while maintaining its spherical shape.

At the instant when the radius is 6 cm, the radius of the ball of ice is decreasing by 0.05 cm s'.

Find the rate at which the volume of the spherical ice ball is decreasing at the instant when the
radius is 6 cm.

You must use calculus and show any derivatives that you need to find when solving this problem.
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(d) The equation of a curve is given by the pair of parametric equations:

_ 3 — & 2
x—gandy—Se.

Find the coordinates of the point(s) on the curve where the gradient is —2.

You must use calculus and show any derivatives that you need to find when solving this problem.

Question Three continues
on the next page.
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(e) The diagram below shows part of the symmetrical graph y* = 16x — x°.

A rectangle ABCD is drawn inside the curve with its vertices B and C lying on the curve.

Diagram is
%i NOT to scale
yr=16x — x*
B C
€ A D l > X

Find the length AD so that the rectangle has its maximum area.
You can assume that the value found is a maximum.

You must use calculus and show any derivatives that you need to find when solving this problem.
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